212               A TEBATISE ON PROBABILITY              w. n
presumes, is imperfectly satisfied, and consequently that our
mode of combining the instances in an average must be modified
accordingly.
Some modern statisticians, who, really influenced perhaps by
practical considerations, have been inclined to deprecate the
importance of weighting on theoretical grounds, have not always
been quite clear what kind of average they supposed themselves
to be dealing with. In particular, discussions of the question of
weighting in connection with index numbers of the value of
money have suffered from this confusion. It has not been clear
whether such index numbers really represent measures of a
composite quantity or whether they are probable estimates of
the value of a single quantity formed by combining a number of
independent approximations towards the value of this quantity.
The original Jevonian conception of an index number of the
value of money was decidedly of the latter type. Modern work
on the subject has been increasingly dominated by the other
conception. A discussion of where the truth lies would lead me
too far into the field of a subject-matter alien to that of this
treatise.
Theoretical arguments against weighting have sometimes
been based on the fact that to weight the items of the average
in an irrelevant manner, or, as it is generally expressed, in a
random manner, is not likely, provided the variations between
the weights are small compared with the variations between the
items, to affect the result very much. But why should any one
wish to weight an average " at random " ? Such observations
overlook the real meaning and significance of weights. They are
probably inspired by the fact that a superficial treatment of
statistics would sometimes lead to the introduction of weights
which are irrelevant. In drawing a conclusion, for example,
from the vital statistics of various towns, the figures of population
for the different towns may or may not be relevant to our con-
clusion. It depends on the character of the argument. If they
are relevant, it may be right to employ them as weights. If they
are irrelevant, it must be wrong and unnecessary to do so. The
fact that wheat is a more important article of consumption than
pins may, on certain assumptions, be irrelevant to the usefulness
of variations in the price of each article as indications of variation
in the value of money. With other assumptions, it may be